Let R N denote real iV-dimensional Euclidean space. Then it is a well-known fact that the imbedding of the Sobolev space Wi,2(R N ) in L P (R N ) is bounded for 2g>pS2N/(N-2), but is definitely not compact. Consequently the theory of critical points for general isoperimetric variational problems defined over arbitrary unbounded domains in R N has been little investigated despite its importance. Indeed the usual proofs for the existence of even one critical point for such problems requires the verification of some compactness criterion (such as Condition C of Palais-Smale). For quadratic functional, such as arise in the study of the spectrum of a linear elliptic partial differential operator L of order 2m defined on R N , many compact imbedding theorems have been obtained in recent years
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